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Proposition 0.1. In a bicategory M , if the diagram
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X u

// Y

pastes to give a retraction αs�uβ : u =⇒ s and idempotents split in M (Y,X)(t, t)
then s has a right adjoint which is a retract of t.

Proof. Let ν be a right inverse for αs �uβ. Put α′ = α � νt : st =⇒ 1Y . Then
the lower path in the commutative diagram

s
sβ
//

ν
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uβ
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αs

>>

is the identity. Then, by the Paré argument [1], a right adjoint to s is
obtained by splitting the idempotent tα′ � βt. �
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